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, 1968 $\mathrm{A}$ . Koranyi .
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$\mathrm{B}_{n}=\{z\in \mathrm{C}^{n} : |z|<1\}$ ,
$g_{B}(z)= \sum_{kj,=1}gj\overline{k}(_{Z})dzd_{\overline{Z}}jk$
$B_{n}$ Bergman . , $g_{B}$
$\triangle_{B}=\sum_{j\overline{k}}gj\overline{k}(z)\frac{\partial^{\prime 2}}{\partial z_{j}\partial\overline{Z}_{k}}$




, , $0$ .
. Bergman ,
, :
$g^{j\overline{k}}(z)= \frac{1}{n+1}(1-|Z|2)[\delta_{j}k-\overline{Z}_{jk}z]$ . (1)
$\text{ }$ , $j–k$ $g^{j\overline{k}}(z)$ $(1-|z|)^{2}$ ,
$i\neq k$ , 1– . ,
, complex normal




, . , , $\mathrm{B}_{n}$ $\mathrm{B}_{n}$
$\mathrm{A}\mathrm{u}\mathrm{t}(\mathrm{B}_{n})$ ,
, $-$ . ,
, $\mathrm{A}\mathrm{u}\mathrm{t}(\mathrm{B}_{n})$ .














$d+1$ Riemann $(\mathcal{R}, h)$ $\mathcal{R}$ $C^{\infty}$ $M$
. $\partial M$ $M$ , $\overline{M}=M\cup\partial M$ . , $M$
, $\partial M$ .
, , .
, $\partial M$ . ,
.
$T\overline{M}|\partial M$ $C^{\infty}$ ,
$T\overline{M}|\partial M=\mathcal{T}_{0^{\oplus}}\mathcal{T}_{1}$
, $h$ . , $\tau_{0}$
. $m$ .
, $D(x)$ $\partial M$ $V$ $M$
1 $\lim_{xarrow\partial M}D(x)=0$ . , $\delta(x)$ $x$ $\partial M$
$h$ , $D(x)=\delta(x)^{\alpha},$ $\alpha>0$
. , $T_{0}$ $\delta(X)^{-2}$ ,
79
$D(X)^{-2}$ $M$ $(\delta, D)$
. $(\delta, D.)$ ,
, ,
, [2] .
, Bergman , C. Fefferman [6]
, $(\delta, D)$ . ,
Nagel-Stein-Wainger , $(\delta, D)$ .
, $D$ tyPe $m$ , $D\approx\delta 1/m$ .
, [4] .
, $g$ $M$ $(\delta, D)$ ,
.
$Lu=\mathrm{d}\mathrm{i}\mathrm{v}(A\nabla u)+\langle B, \nabla u\rangle$ (2)
, $\mathrm{d}\mathrm{i}\mathrm{v},$ $\nabla,$ $\langle, \rangle$ $g$ , ,
, $A\in L^{\infty}(M, End(\tau M)),$ $B\in L^{\infty}(M, TM)$ , $\gamma>0$
,
$\gamma\langle\xi, \xi\rangle\leq\langle A\xi, \xi\rangle\leq\gamma^{-\iota_{\langle}}\xi,$ $\xi\rangle$ $(x, \xi)\in TM$ (3)
.
4 coercive .
$L$ coercive . $L$
coercive , $c$ , $u\in C_{0}^{\infty}(M)$
$\int_{M}\{\langle A\nabla u, \nabla u\rangle-\langle u.B, \nabla u\rangle\}dv_{g}\geq c\int_{M}\{\langle u, u\rangle+|u|^{2}\}dv_{\mathit{9}}$ , (4)
. , $dv_{g}$ $g$ . $L$





. , $N$ $\partial.M$ $h_{\ell}$
. $E(x)$ , .
1([2].) $L_{0^{u=}}\mathrm{d}\mathrm{i}\mathrm{v}(A\nabla u)$ . , $\epsilon>0$ ,
$-(m+1)+\epsilon\leq E(x)$ , (5)
.
, $L_{0}$ coercive . F $\sup_{x\in M}\langle B_{x}, B_{x}\rangle<$
$2c(L\mathrm{o})$ , $L$ coercive .
5 Martin .
$L$ Martin . , $L$
coercive .
$\alpha>0$ , $\zeta\in\partial M\text{ }.\alpha$ , $\zeta$ $V$
$C_{\tilde{\zeta}}$ , $D(x)\leq C_{\zeta}\delta(X)^{\alpha}$ $\vee x\in V.\cap M$
. Bergman
, 1/2 . $\alpha$ $P_{\alpha}$ .
2([2]; see also [1]) (1) $1/2\leq\alpha\leq 1$ , $P_{\alpha}$ $L$
Martin C0- .
(2) , $\partial \mathrm{M}=\mathrm{U}_{1/2\leq*}\leq 1P_{\alpha}$ , $M$ $\overline{M}$ $M$
$L$ Martin ,
Martin .
$\mathcal{R}=\mathrm{C}^{n}$ $M$ , $g$ Bergman
. 2 [1] , ,
Bergman Laplacian Martin $\mathrm{J}$ . C. Taylor Lect.




, 2 (1) (2)
. 2 $L$- $\omega_{L}^{x}$ . $\mathit{0}\in M$
, . $\omega_{L}=\omega_{L}^{o}$ . , $B_{\mathit{9}}(y, 1)$ $y$ 1
$g$ . $x\in M$ $\text{ }-$ $x$
$h$ $h$ –
. $b(x)$ . ,
$>0$ , $\zeta\in\partial M$ $0<t<$
$\Delta(\zeta, t)=\{b(X) : x\in B(g\varphi(t, \zeta), 1)\}\subset\partial M$
. .
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. $V(\partial M)\cap M$ $f$ , $f_{+}(t)=$
$\sup\{f(x) : \delta(x)=t\},$ $f_{-}(t)= \inf\{f(x) : \delta(x)=t\},$ $t>0$ . .
$\omega_{L}(\triangle(\zeta, t))$ :







, $C_{2}$ $h,$ $M_{f}g,$ $L$ .
:
5([2]; see also [1]) $\alpha\in[1/2,1]$ , $D(x)=\delta(x)^{\alpha}$ .
, $L=\Delta_{\mathit{9}}$ . $\omega_{L}$ $\partial M$ h.
$d\grave{\sigma}$ . $\mathit{4}v_{L}/d\sigma$ $d\sigma/\text{ _{}L}$ $d\sigma$
.
, :. .
, $A$ $I$ , $\omega_{L}$ $\sigma_{h}$
, , $D(x)$ $\delta(x)^{\alpha}$ ,
. ,
, Dahlberg, R. Fefferman
(see [7]). , singular elliptic ,
.
, Carelson
, , [5] $\vee\supset$ .
[1] H. Arai, Degenerate elliptic operators, Hardy spaces and diffusions
on strongly pseudoconvex domains, Tohoku Math. J. 17 (1994), 469-
498.
[2] H. Arai, Degenerate elliptic operators, $H^{1}$ spaces and diffusions on
strongly pseudoconvex domains, Geometric Complex Analysis (J.
Noguchi et al. $\mathrm{e}\mathrm{d}$ ), 1996, 35-42
[3] H. Arai, , , .
[4] H. Arai, , , .
83
[5] H. Arai, Singular elliptic operators and harmonic analysis of several
complex variables, in preparation.
[6] C. Fefferman, The Bergman kernel and biholomorphic mappings of
pseudoconvex domains, Invent. Math. 26 (1974), 1-65.
[7] R. Fefferman, Some topics from harmonic analysis and partial differ-
$\mathrm{e}\mathrm{n}\dot{\mathrm{t}}$ ial equations, “Essays on Fourier Analysis in Honor of Elias M.
Stein” Princeton Univ. Press 1995, 176-210.
[8] M. Stoll, Invariant Potential Theory in the Unit Ball of $\mathrm{C}^{n}$ , Cam-
brigde Univ. Press, 1994.
84
